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Quiz 7, November 17, 2022

Let G be a finite group, and let n be a divisor of the order of G. Prove that if H is the only
subgroup of G of order n , then H must be normal in G.

Answer: Let g be a fixed, but arbitrary, element of G. Observe that gHg−1 is a subgroup of
G of order n. The hypothesis ensures that H is the only subgroup of G of order n. It follows
that gHg−1 = H. Indeed, gHg−1 = H for all g ∈ G; therefore H is a normal subgroup of G.


